
v/;k; lkr

  f=Hkqtksa dh jpuk (Construction of Triangles)

vkius fiNyh d{kk esa lsV LDok;j ,oa ijdkj dh lgk;rk dbZ izdkj
dh js[kkxf.krh; jpuk,¡ cukuk lh[kk gSA ftuesa fdlh js[kk[kaM ij yac [khapuk] js[kk[kaM dk
lef}Hkktd [khapuk] vyx&vyx uki ds dks.k cukuk] dks.k dk lef}Hkktd [khapuk vkfn
'kkfey FkkA

bl v/;k; esa vki lekUrj js[kk [khapuk ,oa dqN izdkj ds f=Hkqtksa dh jpuk djuk lh[ksaxsA

,d nh gqbZ js[kk ds lekarj ml fcanq ls gksdj js[kk [khapuk tks ml js[kk ij
fLFkr ugha gS

jpuk&1
jpuk ds pj.k &

1- ,d js[kk m [khafp, vkSj blds ckgj fcUnq P yhft,A

P

m

2- js[kk m  ij ,d fcUnq A  yhft, vkSj A vkSj P dks feykb,A

A
m

P

(ii)
3- fcanq A dks dsUnz eku dj vkSj dksbZ lqfo/kktud f=T;k ysdj m dks X ij vkSj AP  dks

Y ij izfrPNsn djrk gqvk ,d pki [khafp,A

A
m

P

y

x (iii)

4- vc] P dks dsanz eku dj vkSj pj.k 3 okyh gh f=T;k ysdj AP dks R ij dkVrk gqvk
,d pki GH [khafp,A

A
m

P

y

x

GR

(iv)

H



82 xf.kr&7

5- ijdkj ds uqdhys fljs dks X ij jf[k, vkSj bls bl izdkj QSykb, fd isafly dh uksd
Y  ij jgsA

6- R dks dsanz ekudj vkSj ijdkj dk QSyko pj.k 5 okyk gh j[krs gq, ,d pki [khafp,
tks pki GH  dks  S ij dkVsA

(v)A
m

P

y

x

H

R

S
n

G

7- vc  SP dks feykdj js[kk n [khafp,] tks vHkh"V lekUrj js[kk gSA

A
m

P

y

x

R

S
n

(vi)

H

G

fp= 7-1
iz'ukoyh 7-1

1- ,d js[kk l [khafp,A blds ckgj ,d fcUnq A yhft,A fcUnq A  ls tkus okyh rFkk js[kk l
ds lekarj ,d js[kk dh jpuk dhft,A

2- ,d js[kk m [khafp,A bl ij dksbZ fcUnq P yhft,A fcUnq P ij js[kk dk yac [khfp,A bl
yac js[kk ij 3 lseh- dh nwjh ij fcUnq Q yhft,A Q ls gksdj js[kk m ds lekarj ,d js[kk
n [khfp,A

f=Hkqtksa dh jpuk

vki ;g rks tku pqds gSa fd rhu Hkqtkvksa ls
feydj cuh gqbZ cUn vkd`fr dks f=Hkqt dgrs gS
rFkk Hkqtkvksa dh dqN yEckbZ rks gksrh gh gSA

,d f=Hkqt dh jpuk ftldh rhuksa Hkqtkvksa
ds eki fn, x, gksa

vxj ;g dgk tk, fd vki ,d ,slk f=Hkqt
cukb;s ftldh nks Hkqtkvksa ds eki Øe'k% 3 lseh
rFkk 4 lseh gSa rks vkidks D;k dfBukbZ vk,xh\
lksfp,A

fp= & 7-2

js[kk [khap fy;k
vc dks.kksa dks ukias

js[kkvksa dks vkxs
c<+kb, tc rd

u feys
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bu ekiksa ls fdrus f=Hkqt cu ldrs gSa\ ;fn vkidks dgsa fd rhljh Hkqtk dh yEckbZ 5
lseh gksuh pkfg,] rks D;k vc vki bu ekiksa ls f=Hkqt cuk ysaxs\

pfy,] cukdj ns[krs gSa %
f=Hkqt cukus ds pj.k

,d f=Hkqt fcuk ukis iz'u dks /;ku esa j[kdj cukb;s
rFkk rhuksa 'kh"kZ ds uke fy[k nhft,A dkSulh Hkqtk fdl yEckbZ
dh cukuh gS mlds ikl fyf[k,A

vc uki ds vuqlkj f=Hkqt cukrs gSaA
jpuk&2
igyk pj.k %

iVjh dh enn ls 5 lseh ds eki dk ,d js[kk[k.M BC [khafp,A

nwljk pj.k %
ijdkj dks 3 lseh QSykdj B fcUnq ij ijdkj dh

uksd jf[k, rFkk ukih xbZ f=T;k dk ,d pki cukb;sA
rhljk pj.k %

ijdkj dks 4 lseh QSykdj bldh uksd dks C fcUnq ij
jf[k, vkSj blh f=T;k dk ,d pki nwljs pj.k esa cuk, x,
pki ij dkfV,A dVko fcUnq dks A uke nhft,A AB rFkk AC
dks feykb;sA

f=Hkqt ABC rS;kj gSA

4 lseh

3 
l
seh

5 lseh

A

CB

fp= & 7-3

A

B C5 lseh

4 lseh

3 
lse

h

fp= & 7-4

5 lseh
B C

5 lseh
B C

5 lseh
B C

iz'ukoyh 7-2

fuEu ekiksa ds vk/kkj ij f=Hkqt cukb;s &
(i) AB = 4 lseh] BC = 7 lseh] AC = 5 lseh
(ii) AB = 5 lseh] BC = 6 lseh] CA = 5 lseh
(iii) AB = 4 lseh] BC = 6 lseh] CA = 7 lseh

rhuksa f=Hkqtksa esa C ij cuk dks.k uki dj fy[ksaA fdl f=Hkqt esa dks.k C lcls cM+k gS\
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uhps fn, x, uki ls f=Hkqt cukus dk iz;kl djsa %&
(i) AB = 8 lseh] BC = 8 lseh] CA = 8 lseh
(ii) AB = 4 lseh] BC = 2 lseh] CA = 2 lseh
(iii) AB = 8 lseh] BC = 3 lseh] CA = 4 lseh
(iv) AB = 5 lseh] BC = 6 lseh
D;k vkidks Åij fn;s x, ekiksa ls f=Hkqt cukus esa dksbZ dfBukbZ vkbZ\
fdl izdkj dh dfBukbZ vkbZ\
bl dfBukbZ dks nwj djus ds fy, vki D;k dj ldrs gSa\
vki (ii) vkSj (iii) f=Hkqt ds ekiksa dks ,d ckj nqckjk nsf[k,A bu ekiksa ls D;k vki f=Hkqt

cuk ldrs gSa\
vki dks ;kn gksxk fd f=Hkqt dk ,d xq.k gS & f=Hkqt dh fdUgha Hkh nks Hkqtkvksa dh

ekiksa dk ;ksx rhljh Hkqtk ls vf/kd gksuk pkfg,] rHkh f=Hkqt cu ldrk gSA
mijksDr iz'u (ii) esa f=Hkqt ds eki bl izdkj gSa & 4 lseh] 2 lseh] 2 lsehA blesa ;fn

2 lseh vkSj 2 lseh dk ;ksx djsa rks ;ksxQy] rhljh Hkqtk ¼tks fd 4 lseh gS½ ds cjkcj gksrk
gSA blh dkj.k ;g f=Hkqt ugha cu ldrk gSA

rhljs f=Hkqt esa CA dk eku fdruk gks rks f=Hkqt cusxk\
pwafd AB = 8 lseh] BC = 3 lseh] rks D;k CA dk eku 5 lseh ls vf/kd gksuk pkfg,\

lksp dj ns[ksaA
CA dk eku fdrus rd gks ldrk gS\
;fn CA = 11 lseh gks rks D;k f=Hkqt cu ik,xk\
ugha rks D;ksa\
bldk vFkZ gS ;fn AB = 8 lseh] BC = 3 lseh gks rks f=Hkqt cuus ds fy, CA > 5 lseh

vkSj CA < 11lseh gksuk pkfg,A ,sls loky vius fe=ksa ls Hkh iwNsaA blh izdkj dqN vkSj tksM+s
ysdj rhljh Hkqtk ds lEHko ekiksa dk irk djsaA

(iv) esa fn, x, eki dh lgk;rk ls vki fdlh ,d f=Hkqt dks dSls cuk,axs\ ;gk¡ rhljh
Hkqtk dk rks eki gh ugha gS vkSj tSlk fd vkius Åij ns[kk mldk eki 5 lseh ls vf/kd rFkk
11 lseh ls de dqN Hkh gks ldrk gSA

,d vkSj ifjfLFkfr
geus ns[kk fd ftu f=Hkqtksa dh nks Hkqtkvksa ds eki fn;s x, Fks] vkSj rhljk eki ugha Fkk

ge f=Hkqt ugha cuk ik jgs FksA rhljh Hkqtk dh yEckbZ ds LFkku ij ;fn bu nksuksa Hkqtkvksa ds
chp dk dks.k fn;k gksrk] rks D;k vki f=Hkqt cuk ikrs\ cuk dj ns[ksaA



f=Hkqtksa dh jpuk 85

,d f=Hkqt dh jpuk ftldh nks Hkqtk,a rFkk chp dk dks.k fn;k gks %

¼v½ eku yhft, fd nks Hkqtkvksa ds eki 5 lseh rFkk 6 lseh gS vkSj nksuksa ds chp dk dks.k
60

 gSA

i`"B ds ,d rjQ iz'u dks /;ku esa j[kdj] fcuk ukis ,d f=Hkqt cuk yhft,A bl ij
Hkqtk,¡ o dks.k nh xbZ tkudkjh ds vuqlkj vafdr dj yhft,A bl izdkj cus fp= dks dPpk
fp= dgrs gSaA

fuEukafdr pj.k dks /;ku esa j[krs gq, uki dj ,d f=Hkqt cuk;sA

jpuk&3

fp= & 7-5

A

B C
60

6 lseh

5 
lse

h

fp= & 7-6

dPpk fp=

B C

D

(ii)

6 lseh

B C
6 lseh

(i)

60°
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pj.k %
1- ,d js[kk [kaM BC = 6 lseh [khafp,A
2- B ij ijdkj dh lgk;rk ls dks.k DBC = 60 cukb;sA
3- ijdkj dks 5 lseh QSykdj fcUnq B ij ijdkj dh uksd jf[k, vkSj blh f=T;k dk pki

BD ij dkfV,A
4- dVku fcUnq A gSA A dks C ls feyk yhft,A

fp= 7-7

bl izdkj f=Hkqt ABC rS;kj gSA bl f=Hkqt esa BC = 6 cm, AB = 5 cmvkSj ABC = 60

¼c½ mijksDr fp= esa AC dks ukius ij 5.5 lseh] izkIr gksrk gS rks D;k vki ,d f=Hkqt
ABC dh jpuk dj ldrs gSa ftlesa Hkqtk,a AC = 5.5 lseh] BC = 6 lseh rFkkB = 60 gksA
jpuk&4

dkWih ij ,d f=Hkqt ABC dk ,d dPpk fp= cuk yhft,A bl ij Hkqtk,¡ ,oa dks.k nh
xbZ tkudkjh ds vuqlkj vafdr dj yhft,A

pj.k %
(1) ,d js[kk [kaM BC = 6 lseh [khafp,A
(2) B ij ijdkj ls DBC = 60 dks.k cukb;sA
(3) ijdkj ls 5-5 lseh f=T;k dk pki ysdj C ij ijdkj dh uksad jf[k, rFkk BD ij pki

dkfV,A
(4) vki ns[krs gS fd 5-5 lseh dk pki BD js[kk dks nks fcUnqvksa A rFkk A' ij dkVrk gSA

vr% nks f=Hkqt ABC o f=Hkqt A'BC izkIr gksrs gSaA

(iii)

A

D

B C6 lseh

60°

A

D

B C6 lseh
(iv)

5 
lse

h

60°

60

A
D

A'

B C6 lseh

fp= & 7-9

C

A

B
60

6 lseh

fp= & 7-8
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ijarq pki AC ;fn 6 lseh ls cM+k gks rc Hkh D;k

nks f=Hkqt cusaxsA

fØ;kdyki 1-
blh fp= eas vki 5-5 lseh dh txg vU; eki dh

f=T;k ysdj C fcUnq ij ijdkj dh uksd j[kdj BD dks
dkfV, vkSj nsf[k, fd vkids }kjk cuk;k x;k pki BD dks
nks fcUnqvksa ij dkVrk gS ;k ugha\ ;gh fØ;kdyki fcUnq B
ij cus dks.k ds eku dks de djds Hkh dhft, vkSj fu"d"kZ fyf[k,A
¼l½ f=Hkqt DEF dh jpuk dhft, ftlesa EF = 4 lseh] FD = 5 lseh rFkk E = 90 gksA

jpuk&5
i`"B ij f=Hkqt DEF dk dPpk fp= cuk yhft,A bl ij

Hkqtk,¡ ,oa dks.k nh xbZ tkudkjh ds vuqlkj vafdr dj yhft,A
pj.k %

(1) ,d js[kk [kaM EF = 4 lseh [khafp,A
(2) E ij XEF = 90 cukb;sA
(3) ijdkj esa 5 lseh f=T;k dk pki ysdj F ij

ijdkj dh uksd jf[k, rFkk EX ij pki dkfV,A
(4) ;g fcUnq D gSA DF dks feyk yhft,A

fØ;kdyki 2-

¼1½ viuh dkWih ij 6 lseh dh ,d js[kk BC [khafp,A
¼2½ fcUnq B ij CBD =90 dk dks.k cukb,A
¼3½ 6 lseh ls T;knk eki dh f=T;k ysdj C fcUnq ij ijdkj dh uksd j[kdj DB

ij pki dkfV,A
vyx&vyx eki dh f=T;k dk pki dkVdj ;g irk yxkb, fd dksbZ eki ,slk gS

ftllss DB nks fcUnqvksa ij dVrk gS\

fØ;kdyki 3-

;gh izfØ;k vki fcUnq B ij 90ls vf/kd eki dk dks.k cukdj dhft, rFkk fu"d"kZ fyf[k,A

Åij fd, x, fØ;kdykiksa dh lgk;rk ls vki bl fu"d"kZ ij igq¡prs gS fd ;fn nks
Hkqtk,¡ vkSj muds chp ds dks.k ds LFkku ij vU; dksbZ dks.k fn;k gqvk gks rks f=Hkqt dh jpuk
rHkh dh tk ldrh gS] tc ml Hkqtk ¼ftlds cjkcj pki dkVuk gS½ dk eku nh xbZ Hkqtk ftl
vk/kkj ij dks.k cuk gS] ls vf/kd gksA

dPpk fp=
D

E F
4 lseh

5 lseh

fp= & 7-10

E F

D

5 lseh

4 lseh

x

fp= & 7-11
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iz'ukoyh 7-3

f=Hkqt dh jpuk dhft, ftuds eki fuEu gS %
(i) BC = 5 lseh] B = 60, AB = 3 lseh
(ii) BC = 8 lseh] B = 70, AB = 4 lseh
(iii) vkSj Hkh ,sls vkadM+s cukb, vkSj muds vk/kkj ij f=Hkqt dk fuekZ.k dfj,A

bUgsa Hkh cuk,a %
vki lksfp, fd ;fn fdlh f=Hkqt ds nks dks.k vkSj ,d Hkqtk dk eki fn;k gks rks D;k

vki f=Hkqt cuk ik,axs\ vkb;s cukdj ns[krs gSa &

,sls f=Hkqt dh jpuk ftldh ,d Hkqtk vkSj nks dks.k fn;s gksa

ekuk fd BC = 6.5 lseh] B = 60 vkSj C = 45 gSA
jpuk&6

pj.k %

(i) ,d js[kk [kaM BC = 6.5 lseh [khafp,A

(ii) fcUnq B ij BD bl izdkj cukrs gS fd CBD = 60

(iii) fcUnq C ij CE bl izdkj cukrs gSa fd BCE= 45° rFkk

            CE, DB dks A ij dkVsA

(iv) f=Hkqt ABC rS;kj gSA

vc ;g crkb;s fd dks.k CAB dk eki fdruk gS\

dSls irk fd;k\

D;k izR;sd f=Hkqt esa ge nks dks.kksa dk eki irk gksus ij rhljs dks.k dk eki irk dj

ldrs gSa\ f=Hkqt ds nks&nks dks.kksa ds dqN vkSj tksM+s lksfp, vkSj irk dhft, fd rhljs dks.k

dk eki D;k gksxk\

fp= & 7-12

60º 45º

6-5 lseh

A

B C

fp= & 7-13
dPpk fp=

60 45

6-5 lseh

D

A

B C

fp= & 7-14

E
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,d vkSj fLFkfr nsf[k, %

ekuk BC = 6.5 lseh] C = 60, A = 75

bl mnkgj.k esa gesa BC ij cuus okyk ,d gh dks.k irk gSA gesa jpuk

izkjEHk djus ls igys dks.k B dk eku pkfg,A

vkius fiNyh d{kk esa i<+k gS fd f=Hkqt ds rhuksa vUr% dks.kksa ds ekiksa

dk ;ksx 180 gksrk gSaA

mijksDr fLFkfr esa fn;s gq, nks dks.k 60 vkSj 75ds gSaA

rhljk dks.k B = 180 – (75 + 60)

= 180 – (135)
B = 45

D;k vc vki vklkuh ls f=Hkqt cuk ldrs gSa\ ;fn gk¡] rks cukdj nsf[k,A

iz'ukoyh 7-4

(i) PQR dh jpuk dhft, tc PQ = 4 lseh] QR = 3 lseh rFkk RP = 5.5 lseh gksA

(ii) UVW dh jpuk dhft, tc WU = UV = 5.5 lseh] rFkk VUW = 45 gksA

(iii) ABC dh jpuk dhft, tc BC = 3.5 lseh] B = 30 vkSj A = 45gksA

izR;sd esa jpuk ds pj.k Hkh fyf[k,A

geus lh[kk

(i) f=Hkqt dh rhuksa Hkqtkvksa ds eki fn;s gksus ij f=Hkqt cuk;k tk ldrk gSA

(ii) f=Hkqt dh nks Hkqtkvksa dk eki rFkk muds chp dks.k fn;k gksus ij f=Hkqt cuk;k tk ldrk gSA

(iii) f=Hkqt dh ,d Hkqtk dk eki rFkk nks dks.k fn;s gksus ij f=Hkqt cuk;k tk ldrk gSA

(iv) f=Hkqt esa nks Hkqtkvksa dk ;ksx rhljh Hkqtk ls vf/kd gks] rHkh f=Hkqt cu ldrk gSA




