
11
uhps dqN vkÑfr;k¡ nh xbZ gSa] buesa ls dkSu&dkSu lh vkÑfr;k¡ f=Hkqt gaS\

rhu vlajs[k fcanqvksa dks feykus ij tks vkÑfr curh gS og f=Hkqt dgykrh gSA
f=Hkqt] rhu js[kk[k.Mksa ls f?kjh vkÑfr gSA blesa rhu Hkqtk,¡] rhu dks.k] rhu  'kh"kZ gksrs gSaA
f=Hkqt ds dkSuls vU; xq.k gSa] ppkZ djsaA

;gk¡ izR;sd fp= esa pkj fcanq fn, x, gSa ftUgsa feykus ij dqN vk—fr;k¡ cu jgh gSaA

vkÑfr&2(i) esa pkjksa fcanq ,d gh js[kk ij fLFkr gSa vr% blls ,d js[kk[k.M izkIr
gksrk gSA vkÑfr&2(ii) esa rhu fcanq ,d js[kk esa gSa vkSj pkSFkk fcanq vyx gSA blls ,d f=Hkqt
cu jgk gSA

D;k vkÑfr&2(iii) o (iv) esa prqHkqZt cu jgk gS\ ;gk¡ ge ns[k ikrs gSa fd prqHkqZt cuus
ds fy, pkj fcanqvksa esa ls rhu fcanqvksa dk vlajs[k gksuk vko';d gSA

;fn fdlh lrg ij pkj fcanqvksa esa ls dksbZ Hkh rhu fcanq ,d js[kk ij fLFkr u gksa ¼vFkkZr~
vlajs[k gkas½ rc bu fcanqvksa dks ,d Øe ls feykus ij prqHkqZt cusxkA

(i) (ii) (iii) (iv)

fp=&1

prqHkZqt
[QUADRILATERALS]

A B C D

H

E GF

L K

I J

(i) (ii) (iii) (iv)

A
B

C

D

fp=&2
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djds ns[ksa
mi;qZDr xq.kksa ds vk/kkj ij prqHkqZt dks ifjHkkf"kr dhft,A vkil esa ppkZ dj lkfFk;ksa }kjk
fy[kh xbZ ifjHkk"kk Hkh nsf[k,A

fo|ky; ;k d{kk esa ,slh dkSu&dkSu lh oLrq,¡ gSa ftudh dqN lrgsa prqHkqZtkdkj
fn[krh gSa\ lwph cukb,A tSls& ';ke iV~V] f[kM+dh dk iYyk] iqLrd dk iUuk bR;kfnA

lkspsa ,oa ppkZ djsa
gekjs vklikl fn[kus okyh cgqr lh oLrq,¡ vk;rkdkj gSaA vk;r Hkh ,d prqHkqZt gSA D;ksa\

 prqHkqZt ds izdkj (Types of Quadrilateral)

vkius fp=&2 dh vk—fr;ksa (iii) o (iv) dks prqHkqZt dgkA
vc fp=&3 dh rjg bu prqHkqZtksa ds fod.kZ [khafp,A

vkius ns[kk fd fp= 3 (i) esa nksuksa fod.kZ vanj dh vksj curs
gSa tcfd fp= 3(ii) esa ,d fod.kZ vanj ,oa ,d fod.kZ ckgj
curk gSA ,slk D;ksa\

ftl prqHkqZt esa nksuksa fod.kZ vanj dh vksj curs gSa mldk
dksbZ Hkh dks.k 180° ls vfèkd ugha gksrk bl prqHkqZt dks
mÙky prqHkqZt dgrs gSaA tSls PQRS ¼fp=&4½

ftl prqHkqZt esa ,d fod.kZ vUnj ,oa ,d ckgj curk gS rFkk prqHkqZt dk ,d
dks.k 180º ls vf/kd gksrk gS ,sls prqHkZqt dks vory prqHkZqt dgrs gSaA

fp=&5 esa BCX = 180º gSA vr% prqHkqZt ABCD dk
var%dks.k BCD, 180º  ls vfèkd gSA

ge ;gk¡ fp=&4 tSls mÙky prqHkqZt dk gh v/;;u
djsaxsA

prqHkqZt ABCD esa Hkqtk AB,  Hkqtk DC ds lekarj gSA
;g leyac prqHkqZt gSA ;g dgk tk ldrk gS fd prqHkqZt ftldk lEeq[k
Hkqtkvksa dk dsoy ,d tksM+k lekarj gks] leyac prqHkqZt (Trapezium) gksrk gSA

D C

A B
(i)

A

B

C

D

(ii)
fp=&3

S

P Q

R

fp=&4 180°

A

B

C

D

X

fp=&5

D

A B

C

fp=&6
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(i) (ii) (iii) (iv) (v)

(vi) (vii) (viii) (ix)

djds ns[ksa
uhps cus prqHkqZt esa ls dkSu ls leyac prqHkqZt ugha gS ,oa D;ksa\

lekarj prqHkqZt (Parallelogram)

leyac prqHkZqt esa Hkqtkvksa dk ,d ;qXe ¼tksM+k½ lekarj gksrk gS] ;fn prqHkqZt
esa Hkqtkvksa ds nksuksa ;qXe ¼tksM+k½ lekarj vFkkZr~ vkeus&lkeus dh Hkqtk,¡
lekarj gksa] rks og prqHkqZt lekarj prqHkqZt dgykrk gSA

leprqHkqZt (Rhombus)

;fn lekarj prqHkqZt dh pkjksa Hkqtk,¡ cjkcj gkas rks og leprqHkqZt
dgykrk gSA

lkspsa ,oa ppkZ djsa
 1- fofHkUu izdkj ds prqHkqZtksa esa ls dkSu&dkSu ls prqHkqZt lekarj prqHkqZt Hkh gksrs gSa\

 2- D;k ,d lekarj prqHkqZt] ,d leyac prqHkqZt Hkh gS\

vc vki vk;r o oxZ cukb,A D;k vk;r o oxZ Hkh lekarj prqHkqZt gSa\

gk¡] vk;r ,d fo'ks"k rjg dk lekarj prqHkqZt gksrk gS ftldk izR;sd dks.k 90° gksrk
gSA

fp=&7
C

D B

A
fp=&8
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djds ns[ksa
1- D;k vk;r] ,d oxZ Hkh gS\

2- ,slk lekarj prqHkqZt cukb, ftlds rhu dks.k ledks.k gksa ij ;g vk;r u gksA D;k
;g laHko gS\ ppkZ dhft,A

tc fdlh vk;r dh pkjksa Hkqtk,¡ leku gksa rc og dkSu&lk prqHkqZt gksrk gS\ ;g
prqHkqZt oxZ gksrk gSA ¼fp=&9½

(i) D;k oxZ ,d vk;r gS\

(ii) D;k oxZ ,d lekarj prqHkqZt gS\

(iii) D;k oxZ ,d leprqHkqZt gS\

(iv) D;k leprqHkqZt ,d lekarj prqHkqZt Hkh gS\

vc ge prqHkqZt ds dqN xq.kksa ,oa muls lacaf/kr izes;ksa dks fl) djuk lh[ksaxs&

ge tkurs gSa fd prqHkqZt dk ,d fod.kZ mls nks f=Hkqtksa esa ck¡Vrk gSA

ekuk ABCD ,d prqHkqZt gS rFkk AC mldk fod.kZ gSA rc fod.kZ AC]
prqHkqZt ABCD dks nks f=Hkqtksa ABC o ADC esa foHkDr djrk gS ¼fp=&10½A

ge f=Hkqt ds dks.k ;ksx xq.k/keZ ls tkurs gSa fd fdlh f=Hkqt ds rhuksa var%
dks.kksa dk ;ksx 180° gksrk gSA

ADC esa] ADC + DCA + CAD = 1800 ----¼1½

blh izdkj ABC esa] ABC + BCA + CAB = 1800 ----¼2½

lehdj.k ¼1½ o ¼2½ dks tksM+us ij

ADC + DCA + CAD+ABC + BCA + CAB = 1800 + 1800

ADC + (DCA + BCA) + (CAD + CAB) +ABC = 3600

ADC + BCD + BAD + ABC = 3600

vr% prqHkqZt ABCD ds pkjksa vUr%dks.kksa dk ;ksx 3600 ds cjkcj gSA

blh rjg vU; lHkh prqHkqZt ds pkjksa vUr% dks.kksa dk ;ksx Hkh 3600 gksrk gSA

djds ns[ksa
  1- ,d prqHkqZt ds pkjksa vUr%dks.kksa dk vuqikr 3 % 5 % 7 % 9 gS rks mlds izR;sd

vUr%dks.k dk eku Kkr dhft,A

  2- ;fn prqHkqZt ds pkjksa dks.k leku gksa rks izR;sd dks.k dk eki fdruk gksxk\

A

B

CD

fp=&10

fp=&9
A

B

C

D
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vc dkxt ij ,d lekarj prqHkqZt cukb,A mldk dksbZ ,d fod.kZ
[khafp,A dSaph dh lgk;rk ls fp=kuqlkj dkfV,A dkVs x, Hkkxksa dks ,d&nwljs
ds Åij jf[k,A D;k ;s dVs Hkkx ,d&nwljs dks <¡d ikrs gSa\

D;k bu Hkkxksa ds ,d&nwljs dks <¡d ikus esa lekarj prqHkqZt ds fdlh
xq.kèkeZ dk egRo gS\

ge ;gk¡ lekarj prqHkqZt ds dqN xq.kèkeks± dk vè;;u djsaxs rFkk mudk
rkfdZd lR;kiu djsaxsA

izes;&11-1 % lekarj prqHkq Zt dk fod.kZ mls nks lokZaxle f=Hkqtksa esa foHkkftr
djrk gSA

miifRr % ekuk ABCD ,d lekarj prqHkqZt gSA AC mldk ,d fod.kZ gSA ¼fp=&12½

lekarj prqHkqZt ABCD esa&

AB||DC tgk¡ AC ,d fr;Zd js[kk gSA

DCA = CAB ¼,dkarj var% dks.k½

blh izdkj DA||CB tgk¡ AC fr;Zd js[kk gSA

DAC = BCA

vc ACD vkSj CAB esa

DCA = CAB

AC = CA ¼mHk;fu"B  Hkqtk½

DAC = BCA

ABC  CDA ¼dks.k&Hkqtk&dks.k lok±xlerk ls½

vFkkZr fod.kZ AC lekarj prqHkqZt ABCD dks nks lokZaxle f=Hkqtksa esa foHkkftr djrk gSA

Li"Vr% lekarj prqHkqZt dk fod.kZ mls nks lok±xle f=Hkqtksa esa foHkkftr djrk gSA

izes;&11-2 % fdlh lekarj prqHkqZt esa lEeq[k Hkqtk,¡ cjkcj gksrh gSaA

miifRr % ekuk fd ABCD lekarj prqHkqZt gSA vc 'kh"kZ A dks C ls feykb,A ;g fod.kZ
AC gSA fod.kZ AC prqHkqZt ABCD dks nks f=Hkqtksa ABC vkSj ACD esa ckaVrk gSA ¼fp=&13½

vc ABC vkSj ACD esa &

DAC = BCA ¼,dkarj var% dks.k½

(AD || BC)

AC = CA mHk;fu"B Hkqtk gSA

blh izdkj] ,dkarj vUr% dks.k ls &

DCA = BAC  (AB || DC)

fp=&11

A B

CD

fp=&12

A

B C

D

fp=&13
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 ABC   CDA ¼dks.k&Hkqtk&dks.k lok±xlerk ls½

blfy, AD = BC rFkk AB = CD

vFkkZr lekarj prqHkqZt esa lEEkq[k Hkqtk,¡ cjkcj gksrh gSaA ¼fl) gqvk½

izes;&11-3 ¼foyske½ %  ;fn ,d prqHkqZt dh lEeq[k Hkqtkvksa dk izR;sd ;qXe cjkcj
gS] rks og ,d lekarj prqHkqZt gksrk gSA

miifRr % prqHkqZt ABCD ftlesa AB = CD rFkk BC = AD gSA vc prqHkqZt esa fod.kZ AC

[khafp,A

ABC vkSj CDA esa

BC = AD ¼fn;k gqvk gS½

AB = DC ¼fn;k gqvk gS½

AC = CA ¼mHk;fu"B Hkqtk½

 ABC   CDA ¼Hkqtk&Hkqtk&Hkqtk lok±xlerk ls½

vr% BCA = DAC

vr% AD || BC ----¼1½

tgk¡ AC fr;Zd js[kk gSA

pwafd ACD = CAB,

D;ksafd CA fr;Zd js[kk gSA

vr% AB || CD ----¼2½

vr% ¼1½ o ¼2½ ls prqHkqZt ABCD ,d lekarj prqHkqZt gSA

geus ns[kk fd lekarj prqHkqZt esa lEeq[k Hkqtkvksa ds nksuksa ;qXe cjkcj gksrs gSa vkSj
foykser% ;fn fdlh prqHkqZt ds lEeq[k Hkqtkvksa ds nksuksa ;qXe cjkcj gksa rks og lekarj prqHkqZt
gksrk gSA

vc ge blh rF; dks mu prqHkqZtksa ds fy, fl) djrs gSa ftuds lEeq[k dks.kksa ds ;qXe
cjkcj gksrs gSaA

izes;&11-4 % lekarj prqHkqZt ds lEeq[k dks.k cjkcj gksrs gSaA

miifRr % prqHkqZt ABCD ,d lekarj prqHkqZt gS ¼fp=&15½

ftlesa AB || DC

 js[kk AD lekarj js[kkvksa AB o DC dks izfrPNsn djrh gSA

A + D = 1800
 
 ¼,d gh vksj ds vUr% dks.k½

rFkk DC js[kk AD o BC dks izfrPNsn djrh gSA

A

B C

D

fp=&14
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D + C = 1800

¼,d gh vksj ds vUr% dks.k½

vr% A +D = D + C

vFkkZr A = C

blh izdkj B  = D  Hkh fl) fd;k tk ldrk gSA

Li"V gS fd lekarj prqHkqZt ds lEeq[k dks.k cjkcj gksrs gSaA

vc fdlh prqHkqZt ds lEeq[k dks.kksa ds cjkcj gksus ij mlds lekarj prqHkqZt gksus dh
laHkkouk dk rkfdZd :i Kkr djsaxsA

izes;&11-5 % ¼izes; 11-4 dk foykse½ fdlh prqHkqZt esa ;fn lEeq[k dks.kk sa dk
izR;sd ;qXe cjkcj gks] rks og ,d lekarj prqHkqZt gksrk gSA

miifÙk % prqHkqZt ABCD esa A = C vkSj B = D ¼fp=&16½-----¼1½

ge tkurs gSa fd prqHkqZt ds pkjksa dks.kksa dk ;ksx 3600 gksrk gSA

360ºA B C D    

360ºA B A B      ¼lehdj.k ¼1½ ls½

2 2 360ºA B   
360º

2
A B  

360º

2
A B C D     

180ºC D    -----¼2½

vc DC dks E rd c<+kb,&

ge ns[krs gSa fd C + BCE = 180º -----¼3½

vr% BCE = ADC lehdj.k ¼2½ vkSj ¼3½ ls

vc pwafd BCE = D rFkk DC fr;Zd Nsnh js[kk gSA

blfy, AD || BC

blh izdkj AB || DC vFkkZr ABCD lekarj prqHkqZt gSaA

lekarj prqHkZqt ds fod.kks± ds xq.k
(Properties of Diagonals of Parallelogram)

lekarj prqHkqZt dk ,d xq.k vkSj Hkh gSA

dkxt ij ,d lekarj prqHkqZt [khafp,] mlds nks fod.kZ [khapdj dSaph dh lgk;rk

D

A B

C

fp=&15

D

A B

C E

fp=&16
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ls fp=kuqlkj dkfV,A D;k vkidks ,slk izrhr gks jgk gS fd fod.kks± us lekarj
prqHkqZt dks leku Hkkxksa esa ck¡V fn;k gSA ¼fp=&17½

vkd`fr esa vkidks pkj f=Hkqt izkIr gksrs gSa vkSj ;s f=Hkqt nks lokZaxle f=Hkqtksa
ds ;qXe ds :i esa gksrs gSaA D;k fod.kZ ,d nwljs dks lef}Hkkftr djrs gSa\

vkb,] ge mDr dFku dh lR;rk dh tk¡p djrs gSaA

izes;&11-6 % lekarj prqHkqZt ds fod.kZ ,d nwljs dks lef}Hkkftr djrs gSaaA

miifÙk % ABCD ,d lekarj prqHkqZt gS ftlesa AB = DC o AB || DC

rFkk AD = BC vkSj AD || BC ¼fp=&18½

A dks C ls o B dks D ls feyk;k rc AC o BD ,d&nwljs dks fcanq O ij izfrPNsn djrs gSaA

AOB o COD esa

 OAB = OCD ....... (1)

(AB || DC ,oa AC fr;Zd js[kk dkVrh gSA)

 ABO = ODC ....... (2)

(AB || DC ,oa BD fr;Zd js[kk dkVrh gSA)

AB = CD

 AOB   COD ¼dks.k&Hkqtk&dks.k lok±xlerk½

 Hkqtk AO = OC  ,oa BO = OD

vr% ge dg ldrs  gSa fd lekarj prqHkqZt ds fod.kZ ,d&nwljs dks lef}Hkkftr
djrs gSaA

mnkgj.k&1- ;fn fdlh lekarj prqHkqZt ds fod.kZ cjkcj gksa rks og vk;r gksrk gSA

miifRr % ekuk fd ABCD ,d lekarj prqHkqZt gS] ftlesa AC o BD fod.kZ gSa

rFkk AC = BD ¼fp=&19½

vc  ABC vkSj DCB esa

AB = DC ¼lekarj prqHkqZt dh lEeq[k Hkqtk,¡½

BC = CB ¼mHk;fu"B Hkqtk½

AC = BD

ABC  DCB ¼Hkqtk&Hkqtk&Hkqtk lok±xlerk½

Qyr% ABC = DCB ....(1)

pwafd ABC vkSj DCB lekarj js[kkvksa AB vkSj CD dh fr;Zd
izfrPNsnh BC ds ,d gh vksj fLFkr gaSA vr%

fp=&17

D

A B

C

fp=&19

D

A B

C

O

fp=&18
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ABC + DCB = 180º ----¼2½

lehdj.k ¼1½ vkSj ¼2½ ls

ABC + ABC = 180o

2 ABC = 180o

ABC = 90o

vFkkZr DCB = 90o

blh izdkj fl) dj ldrs gSa fd A = D = 90o

blfy,]   A= B = C = D = 90o

vr% lekarj prqHkqZt ABCD vk;r gSA

Li"V gS fd ;fn fdlh lekarj prqHkqZt ds fod.kZ cjkcj gksa rks og vk;r gksrk gSA

;gh fl) djuk FkkA

 djds ns[ksa
blh rjg vki fl) dj ldrs gSa fd ;fn fdlh leprqHkqZt ds fod.kZ cjkcj gksa] rks
og oxZ gksxkA

mnkgj.k&2- ;fn fdlh lekarj prqHkqZt esa nksuksa fod.kZ ijLij yacor~ gksa rks og leprqHkqZt
gksrk gSA

miifRr % eku yhft, ABCD ,d lekarj prqHkqZt gS ftlds fod.kZ AC vkSj BD ijLij
yacor gS] vkidks fl) djuk gS fd ABCD  leprqHkqZt gSA ¼fp=&20½

vc AOD vkSj COD esa

AO = CO ¼lekarj prqHkqZt ds fod.kZ ijLij lef}Hkkftr djrs gSaA½

AOD = COD ¼izR;sd dks.k ledks.k½

OD = OD ¼mHk;fu"B Hkqtk½

AOD   COD ¼Hkqtk&dks.k&Hkqtk lok±xlerk½

Qyr% AD = CD

AB = CD rFkk AD = BC

 AB = BC = CD = AD

Li"Vr% lekarj prqHkqZt ABCD ,d leprqHkqZt gSA vr% dg ldrs gSa fd ;fn fdlh
lekarj prqHkqZt esa nksuksa fod.kZ ijLij yacor gksa rks og leprqHkqZt gksrk gSA

D

A B

C

O

fp=&20
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djds ns[ksa
fdlh leprqHkqZt ds fod.kZ ijLij yacor gksrs gSaA

mnkgj.k&3- fl) dhft, fd ,d lepqHkqZt ds fod.kZ ,d nwljs ij yac gksrs gSaA

miifRr % leprqHkqZt ,d lekarj prqHkqZt gksrk gS] ftldh lHkh Hkqtk,¡ cjkcj gksrh
gSaA vkb,] vc leprqHkqZt ABCD ij fopkj dhft,A ¼fp=&21½ leprqHkqZt ABCD

esa ge ns[k ldrs gSa fd fod.kZ AC vkSj BD ,d nwljs dks O ij izfrPNsn djrs gSaA
gesa fl) djuk gS fd AC js[kk BD ij yac gSA

  AOB vkSj   BOC esa]

AO = OC ¼lekarj prqHkqZt ds fod.kZ ,d nwljs dks lef}Hkkftr djrs gSaA½

OB = OB ¼mHk;fu"B Hkqtk½

AB = BC ¼ leprqHkqZt dh Hkqtk,¡½

 AOB   BOC ¼Hkqtk&Hkqtk&Hkqtk lokZaxlerk ls½

vr% AOB= BOC

vc pwafd AOB + BOC = 180o  ¼jSf[kd ;qXe dks.k ls½

AOB + AOB = 180o

;k 2AOB = 180o

     AOB =
180

2



     AOB =90 o

blh izdkj fl) fd;k tk ldrk gS fd BOC = COD = AOD = 90º

blfy, leprqHkqZt ds fod.kZ ,d nwljs ij yac jgrs gSaA ;gh fl) djuk FkkA

mnkgj.k&4- fl) dhft, fd ,d lekarj prqHkqZt ds dks.kksa ds lef}Hkktd ,d vk;r
cukrs gSaA

miifRr % fp=kuqlkj ABCD ,d lekarj prqHkqZt gSA A, B, C vkSj D ds dks.k
lef}Hkktd P, Q, R, S ij izfrPNsn djrs gSa] ftlls ,d prqHkqZt PQRS curk gSA ¼fp=&22½

  ASD esa]

pwafd DS dks.k D dks vkSj AS dks.k A dks lef}Hkkftr djrs gSa] blfy, &

DAS + ADS  = 
2

1
 BAD + 

2

1
 ADC

A

B

C

D O

fp=&21
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= 
2

1
 (A + D )

¼D;ksafd A vkSj D fr;Zd js[kk ds ,d gh vksj ds var%dks.k gSaA½

= 
2

1
 × 180o  = 90o ----¼1½

  ASD esa]

DAS + ADS + DSA = 180o ¼D;ksa\½ ----¼2½

lehdj.k ¼1½ o ¼2½ ls

90o + DSA = 180o

DSA = 90o

vr% PSR = 90o ¼ DSA dk ’kh"kkZfHkeq[k dks.k½

blh izdkj BQC =  PQR gksxk

vc APB esa PAB $ APB $ PBA = 180º ¼f=Hkqt dk dks.k ;ksx xq.k½

ysfdu PAB + PBA = 90º ¼A    o B  fr;Zd js[kk AB  ds ,d gh vksj dk
vUr%dks.k dk v)Zd gSA½

90ºAPB   gksxkA

blh izdkj SRQ = 90º  gksxkA blfy, PQRS ,d ,slk prqHkqZt gS ftlds lHkh dks.k
ledks.k gSaA vr% prqHkqZt PQRS ,d vk;r gSA

lkspsa ,oa ppkZ djsa
 1- vk;r ds fod.kZ leku yackbZ ds gksrs gSaA¼ladsr & vk;r ,d lekarj prqHkqZt gSA½

 2- oxZ ds fod.kZ leku vkSj ,d nwljs dks ledks.k ij lef}Hkkftr djrs gSaA

mnkgj.k&5- fdlh lekarj prqHkqZt ABCD esa ;fn fod.kksZa dk dVku fcanq O gks vkSj
OA = 3 lseh- vkSj OB = 4 lseh- gks rks js[kk[k.M OC, OD, AC vkSj BD dh
yackbZ Kkr dhft,A

gy % ABCD ,d lekarj prqHkqZt ftlesa AC o BD dk dVku fcanq O gSA ¼fp=&23½

OA = 3 lseh-] OB = 4 lseh-

pwafd lekarj prqHkqZt ds fod.kZ AC o BD ,d nwljs dks lef}Hkkftr djrs gSaA

OC = OA

 OC = 3 lseh-

D

A B

C

R

P

QS

fp=&22
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A B

CD

P

Q

S R

fp=&25

rFkk OD = OB

 OD = 4 lseh-

vc AC = AO + OC = 3 + 3 = 6 lseh-

BD = OB + OD = 4 + 4 = 8 lseh-

vr% Li"V gS fd AC = 6 lseh-] BD = 8 lseh-

mnkgj.k&6- f=Hkqt ABC esa Hkqtk BC ij [khaph xbZ ekf/;dk AD gS tks E rd bl izdkj
c<+kbZ xbZ gS fd AD = EDA fl) dhft, fd ABEC ,d lekarj prqHkqZt gSA

gy % ekuk f=Hkqt ABC gS] ftldh ekf/;dk AD gSA ¼fp=&24½

AD dks E rd bl izdkj c<+kb, fd AD = ED

vc BE vkSj CE dks feyk,A

ABD vkSj  ECD esa

BD = DC ¼tgk¡ D, BC dk e/; fcanq gS½

ADB = EDC ¼’kh"kkZfHkqe[k dks.k½

AD = ED ¼fn;k gSA½

 ABD    ECD ¼Hkqtk&dks.k&Hkqtk lokZaxlerk izes; ls½

rc AB = CE ¼lokZaxle f=Hkqt dh Hkqtk,¡½

rFkk ABD = ECD

¼js[kk,¡ AB vkSj CE ds lkFk fr;Zd js[kk BC }kjk cus gq, ,dkarj vUr% dks.k gSaA½

 AB || CE

bl izdkj prqHkqZt ABEC esa

AB || CE vkSj AB = CE

vr% ABEC ,d lekarj prqHkqZt gSA

izes;&11-7 % fdlh prqHkqZt esa ;fn mldh lEeq[k Hkqtkvksa dk ,d ;qXe cjkcj gks
vkSj lekarj gks rks ,slk prqHkqZt ,d lekarj prqHkqZt gksrk gSA fl)
dhft,A ¼f'k{kd dh enn ls djsaA½

mnkgj.k&7- ABCD ,d lekarj prqHkqZt gS] ftlesa P vkSj Q Øe’k%
lEeq[k Hkqtkvksa AB vkSj CD ds e/; fcanq gSa] ¼fp=&25½ ;fn
AQ, DP dks S ij izfrPNsn djsa vkSj BQ, CP dks R ij
izfrPNsn djsa rks n’kkZb, fd&

¼i½ APCQ ,d lekarj prqHkqZt gSA

C

A

B

E

D

fp=&24

A

D C

B

O

fp=&23

     

     
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¼ii½ DPBQ ,d lekarj prqHkqZt gSA

¼iii½ PSQR ,d lekarj prqHkqZt gSA

gy % ¼i½ prqHkqZt APCQ esa

AP || QC ¼pwafd AB || CD ½ ---¼1½

AP = 
2

1
 AB

CQ = 
2

1
 CD ¼fn;k gS½

pwafd AB  = CD

blfy, AP = QC ----¼2½

¼1½ o ¼2½ ls APCQ ,d lekarj prqHkqZt gSA

¼ii½ blh izdkj prqHkqZt DPBQ ,d lekarj prqHkqZt gS] D;ksafd DQ || PB vkSj DQ = PB gSA

¼iii½ prqHkqZt PSQR esa

SP || QR

¼tgk¡ SP, DP dk ,d Hkkx gS] vkSj QR, QB dk ,d Hkkx½

blh izdkj SQ || PR gSA

vr% PSQR ,d lekarj prqHkqZt gSA

iz'ukoyh & 11-1
1- layXu lekarj prqHkqZt ABCD dh Hkqtkvksa

AB vkSj CD ds e/; fcanq Øe’k% x vkSj y gSa]
fl) dhft, fd AXCY lekarj prqHkqZt gSA

2- layXu fp= esa AB vkSj DC nks lekarj js[kk,¡ gSa] ftUgsa
fr;Zd js[kk l js[kk[k.M AB dks P ij
rFkk js[kk[k.M DC dks R ij izfrPNsn
djrh gSA fl) dhft, fd var%
dks.kksa ds lef}Hkktd ,d vk;r
cukrs gSaA

3- ABC ,d lef}ckgq f=Hkqt gS] ftlesa
AB = AC gSA AD cfg"dks.k PAC dks
lef}Hkkftr djrk gS] vkSj CD || BA

gSA

A X B

D Y C

A P B

CRD

S

Q

l

l

B C

DA

P



242 xf.kr&9

fl) dhft, fd&

¼i½ DAC = BCA ¼ii½ D;k ABCD ,d lekarj prqHkqZt gS\

4- ABCD lekarj prqHkqZt gSA rFkk AP vkSj CQ ’kh"kksZa A vkSj C ls
fod.kZ BD ij Øe’k% yac gSa rks fl) dhft, fd&

¼i½ APB   CQD ¼ii½ AP = CQ

5- ABCD ,d vk;r gS ftlesa fod.kZ AC nksuksa dks.kksa A vkSj C dks lef}Hkkftr djrk
gSA rks fl) dhft, fd
¼i½ ABCD ,d oxZ gSA
¼ii½ fod.kZ BD nksuksa dks.kksa B vkSj D dks lef}Hkkftr djrk gSA

6- ABC vkSj DEF bl izdkj gSa fd AB vkSj BC Øe’k% DE vkSj EF ds cjkcj vkSj
lekarj gSa] fl) dhft, fd AC vkSj DF cjkcj vkSj lekarj gSaA

e/; fcanq izes; (Mid Point Theorem)

vki f=Hkqt vkSj prqHkZqt ds vusd xq.kksa dk v/;;u dj pqds gSaA vkb, f=Hkqt ds ,d
vU; xq.k dk v/;;u djsa tks f=Hkqt dh Hkqtkvksa ds e/; fcanqvksa ls lacaf/kr gSA vkb, ,d
izes; ns[krs gSa&

izes;&11-8 % fdlh f=Hkqt dh fdUgha nks Hkqtkvksa ds e/; fcanqvksa dks feykus okyh
js[kk rhljh Hkqtk ds lekarj vkSj mldh vk/kh gksrh gSA

miifRr % vkb, bl dFku dks fl) djus ds fy,   ABC ysa ftlesa D vkSj E Øe’k% AB

rFkk AC ds e/; fcanq gSaA D vkSj E dks feykrs gq, js[kk[k.M DF bl izdkj [khapsa fd fcanq E
js[kk[k.M DF dk e/; fcanq gks rFkk C dks F ls feyk,¡A ¼fp=&26½

vc vki ns[k ldrs gSa fd ADE vkSj CFE esa

AE= CE ¼Hkqtk AC dk e/; fcanq E gSA½
AED = CEF ¼’kh"kkZfHkeq[k dks.k½

DE = EF ¼Hkqtk DF dk e/; fcanq E gSA½
 ADE   CFE ¼Hkqtk&dks.k&Hkqtk lok±xlerk ls½

AD = CF rFkk ADE = CFE ¼lokZaxle f=Hkqt esa½

vc BD = AD rFkk AD = CF

  BD = CF ----¼1½

nks js[kkvksa AD vkSj CF dks js[kk DF dkVrh gS] rFkk ,dkarj vUr% dks.k

ADE = CFE cjkcj gSA
 AD||CF ----¼2½

B

CD

A
Q

P

B C

FED

A

fp=&26

A

B C

D

E F
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¼1½ vkSj ¼2½ ls prqHkqZt DBCF esa DB vkSj FC cjkcj o lekarj gSA vki tkurs gSa
fd fdlh Hkh prqHkqZt esa ;fn mldh lEeq[k Hkqtkvksa dk ,d ;qXe cjkcj vkSj lekarj gks rks
og lekarj prqHkqZt gksrk gSA blfy, prqHkqZt DBCF ,d lekarj prqHkqZt gSA

bldh lEeq[k Hkqtk,¡ cjkcj gSa (DF = BC) vkSj fcanq D, E, F ,d js[kk ij gSaA rFkk
DE+EF = DF, DE = EF

BC = 2DE  rFkk BC
2

1
DE 

djds ns[ksa
vc vki Åij fn, x, izes; dk foykse fyf[k, vkSj mldk lR;kiu dhft,A

izes;&11-9 % l, m vkSj n rhu lekarj js[kk,¡ gSa] ftUgsa fr;Zd js[kk,¡ p vkSj q bl
izdkj dkVrh gSa fd l, m vkSj n js[kk,¡ p ij leku vUr% [k.M DE

vkSj EF dkVrh gSaA fn[kkb, fd l, m vkSj n js[kk,¡ q ij Hkh leku
vUr% [k.M AB vkSj BC dkVrh gSaA

miifÙk % lekarj js[kk,¡ l, m, n dks fr;Zd js[kk p Øe'k% fcanq D, E o F
ij bl izdkj dkVrh gaS fd DE = EF

fr;Zd js[kk q, lekarj js[kkvksa l, m, n dks Øe'k% fcanq A, B o C ij
dkVrh gS rc gesa fl) djuk gS fd AB = BC

vc bls fl) djus ds fy, ,d js[kk [khapsaxs tks q ds lekarj gks
o fcanq E ls xqtjrs gq, l o n dks Øe'k% G o H ij dkVsaA

Li"V gS fd AG || BE ¼D;ksafd l || m, A, G o B,E mu ij fLFkr fcanq gSa½

GE || AB ¼jpuk ls½

rc AG EB ,d lekarj prqHkqZt gSA ----¼1½

 AG = BE o GE = AB

blh izdkj BE || CH ¼D;ksafd m || n, B,E o C, H mu ij fLFkr fcanq gSa½

EH || BC ¼jpuk ls½

rc BEHC ,d lekarj prqHkqZt gSA ----¼2½

 BE=CH o EH = BC

vc GED o HEF esa

DGE  = EHF ¼,dkarj dks.k½

DE = EF ¼Kkr gS½

G

p q

A l

mB

nCF

E

D

H

fp=&27
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A B

F

C

E

D

DEG = HEF ¼'kh"kkZfHkeq[kdks.k½

GED  HEF ¼dks.k&Hkqtk&dks.k lok±xlerk ls½

vr% GE = EH

  GE = AB, EH = BC lehdj.k ¼1½ vkSj ¼2½ ls

 AB = BC

;gh fl) djuk FkkA

iz'ukoyh & 11-2
1- leyac prqHkqZt ABCD dh Hkqtk AD dk e/; fcanq E

rFkk AB||DC gSA fcUnq E ls gksdj AB ds lekarj [khaph
xbZ js[kk BC dks F ij feyrh gSA fl) dhft, fd F

js[kk[k.M BC dk e/; fcanq gSA

2- ABCD ,d leprqHkqZt gS vkSj P, Q, R, S Øe’k% Hkqtkvksa AB, BC, CD vkSj DA ds
e/; fcUnq gSaA n’kkZb, fd prqHkqZt PQRS ,d vk;r gSA

3- ABCD ,d vk;r gS] ftlesa P, Q, R vkSj S Øe’k% Hkqtkvksa AB, BC, CD vkSj DA

ds e/;fcanq gSaA n’kkZb, fd prqHkqZt PQRS leprqHkqZt gSA

4- ABCD ,d prqHkqZt gS ftlesa P, Q, R vkSj S Øe’k%
Hkqtkvksa AB, BC, CD vkSj DA ds e/; fcanq gSa AC

mldk ,d fod.kZ gSA n’kkZb, fd&

¼1½ SR||AC vkSj SR = 
1

2
AC gSA

¼2½ PQ = SR gSA

¼3½ PQRS ,d lekarj prqHkqZt gSA

geus lh[kk
1- prqHkqZt ds pkjksa var%dks.kksa dk ;ksx 360° gksrk gSA

2- fdlh lekarj prqHkqZt dk fod.kZ mls nks lokZaxle f=Hkqt esa ck¡Vrk gSA

3- prqHkqZt fuEufyf[kr izdkj ds gksrs gSa&

(i) lekarj prqHkqZt (ii) leprqHkqZt (iii) leyac prqHkqZt

(iv) vk;r (v) oxZ

4- ,d prqHkqZt lekarj prqHkqZt gksxk ;fn

(i) lEeq[k Hkqtkvksa dk izR;sd ;qXe cjkcj gks ;k

A P B

Q

CRD

S
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(ii) lEeq[k dks.kksa dk izR;sd ;qXe cjkcj gks ;k

(iii) fod.kZ ,d&nwljs dks lef}Hkkftr djrs gSa ;k

(iv) lEeq[k Hkqtk dk izR;sd ;qXe cjkcj vkSj lekarj gksA

5- vk;r ds fod.kZ ,d&nwljs dks lef}Hkkftr djrs gSa vkSj cjkcj gksrs gSa o bldk
foykse HkhA

6- oxZ ds fod.kZ ,d&nwljs dks ledks.k ij lef}Hkkftr djrs gSa vkSj cjkcj gksrs gSa o
bldk foykse HkhA

7- leprqHkqZt ds fod.kZ ,d&nwljs dks ledks.k ij lef}Hkkftr djrs gSa o bldk
foykse HkhA

8- fdlh f=Hkqt dh fdUgha nks Hkqtkvksa ds e/; fcanqvksa dks feykus okyh js[kk rhljh Hkqtk
ds lekarj vkSj mldh vk/kh gksrh gSA


